AHMHTPHY HAIAX
®PONTIZTHPIO ITOAYTEXNIKQN KAI TTANEIIZTHMIAKQN XXOAQN

Awx@opikég E§lowosig B taging

= [evikn Lop@N YPOUUK®OV SLa@opueadv 215 TéEng

{y"®)+ay'x)+byx) =g} (1)
- Cevua] Avon: y(x) = yo (%) + y,(x)

AvVom opoyevos  Mepikn AVon

-EmiA\Vovpue v opoyevn;

y'x) +ay'®x)+by(x) =0

['la v emidvomn ™G opoyevoUs, SNULOVPYOUE TO XAPAKTHPLOTIKO TTOAVWVUO:
y’ > A2
y 22 ;22 +ad+b=0
y 21

KOl EMAVOVUE TO TTAPATIAV® TPLOVUO.

Awakpivouue TIG €8¢ TEPMTWOELG:

a) AvA >0, = 2 mpaypaTikég plleg Aq, A,
yo(x) = ¢;(eM¥) + ¢, (et#¥)

y1(X) y2(x)

B)AvA=0,= A, = — (%)

yo(X) = c; (€M) + ¢, (xet¥)

y1(x) y2 (%)

Y) Av A <0, = 2 pyadikég pileg TnG Hopng:

Ao =(kzEvi)pex,veR
Vo(x) = e¥[c; cos(vx) + ¢, sin(vx)] =
= yo(x) = (c1) (e cos(vx)) + (cz) (e sin(vx))

H_J \ )

y1(X) y2(%)
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Emopgvwg, a@ol kat AVooVNE TNV OpoyevT), KaBopllov e TIG HEPIKEG AVOELS
y1(%), y2 ().

211 cuvéxela, umoAoyilouvpe T pepuki Avon y, (x).

Vu(x) = 1 (®) y1 (%) + c,(¥)y. (%)
V1 (X), v, (x): ZuvapTtioelg Tov TPoEKLVPaV Ao TNV EMAVOT TNG OLOYEVOUG.

T va Bpovpe Ti§ ¢4 (X), €5 (X) eMAVOVE TO CUOTNUA TWV EELOWOEWV:

1(x) y1(x) +¢'(X) y(x) = 0 }
() y1'®) + ' (%) y ) = gx)

= EmiAlvon tov cuoTipatog Twv 80U eElomoewy kat ebpeon Twv ¢1(X), ;' (X).
OAoKANPWVOULUE EeXxWPLOTA TNV KaBepior amo TIG §V0, Kot UTTOAOY{OVE TIG
OLVAPTNOELS C; (X), €5 (X). ZUVETIWG, oV PpNKaE TN LEPLKT AVGT), VTTOAOYI(OVUE
TN Yevikn AVon:

yx) =yo(®) +y,(x)

= Mé£6oboc vmofiBacuov Tdéng

Epapuoletal oe Stapopikeg e€lowaoels B’ Taéng, oTig omoieg eival yvwo amd
TNV EKQOYN 0T LA HEPLK AVon ¥, (X).

- Cevuer popon: {y” (%) + f(x) y' + g(x) = 0} (2)

Oétw: y(x) = u®)y; = y'(x) = u' Xy, + u®y,’
[Mapaywyillw €k véou Kat SULOLVPY® TNV Y’ KAl AVTIKABLOTW 0TV apX LK) Kal
TIPOKUTITEL VEX SLAOPLKT EEl0WON WG TTPog u(x):

y'x) +ay'®x)+by(x) =0
['la v emiAvon ™G opoyevols, SNULOVPYOULE TO XAPAKTNPLOTIKO TTOAVWVUO:
W+ RGOU' = 0} 5 W+ REOW =0 =

Oétw:w =u’
Ymopifacudc taéng

= gmidvon pe péBodo ywpldusvwv petaAntwy

= Levua) Aon: |y (x) = ¢1y1(x) + c;(u(x) y1 (X))
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Aa@opikn) e€lowon tomou Euler

{(ax +p)?y"(®) + c1(ax+B) y' + 2 ¥ = g(x)} (3)

Oétw: t = In(ax + B) = (ax + B) = et

Metaoympatifovpe ™ Staopikn eéiowon (3) anod y(x) o€ y(t), kot
KAVOVTAG XP1I0T TOU Kavova NG aAvcisag:

dy dy dx
dt dx dt

TNV TPOTIOTOLOVUE. AQOU YivVeL aQuTO, 1) SL@opLKn) €(0WOT ETAVETAL [LE
Bd&om v mponyoupevn Stadikacio Tov ava@EPONKE 0TI YPAUULIKES
Staopikeg B’ Tagng, SnAadn vmoAoylfovpe TP®WTA TN AVOT TNG OLOYEVOUG
Yo (t) ko peta ™ pepucry Avon y, (t) kat “yupvdue” m yevikn Avon ot popen
y(x).

EmiAvon YpappUIK®V 6UOTNUATOV 8. €.

o) Zvotuata 2 X 2:

1) Avadoya Pe TIG ISLOTITEG IOV £XOVLE, VTTOAOY({OVLE TA avTIoTOLY O
Slodlaviouata Kol KATaANYOUE 0T YEVLIKT AVo.

2) ISwaitepn MPOGOXT) ATIALTEITAL OTNV TIEPITITWON IOV EXOVUE PLYASIKES
LSLOTIUEG, KAB WG Ba TIPETEL VX TPOTIOTIO)COVE KAL VO LETATPEYOULE TNV
mapdotaon p e?* oe pryadwkn pop@n.

YmevOuuiletal 6TL ylo TOV UTTOAOYLOUO TwV LISLOTLUWY, Ba TIPETEL VX
EMAVCOVE TNV eElowon:

A@ov emAvoovpe v e€lowon, fplokov e ylo KABE ISLOTLUN TNV TIUN TNG

KOL TNV TOAAQTAG TN T TNG SLOTLUNG, Kol VTTOAOYI{oUUE EEXWPLOTA YA

kaBe pia to avtiotolyo W8Lodavuopa, pEow ™G eElowong:
(A-21)(w)=0
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dTidyvoupe TO CVOTNHA ELOWOEWV LE TA X1, Xy KOL TIPOKVUTITEL TO
tSlodtavuopa u ooV BYGAOUE TA X1, X, KOLVOUG TIAPAYOVTE.

B) Zvotuata 3 x 3:

1) 3 amAég 16loTég A4, A5, A3 oL omoleg pag Sivouv avtiototya 3
Wlodtaviouata wy , Uy , Us. TOTE, 1 YeVIKT AVOT) TOU CUGTIUATOG Elval

Y1
\J’z] = c,eM*uy + c,e??¥p, + czet Xy
Y3

2) 1 amAn WoTiun A, Kot pio SImAn ot A,.
H mpw Sivel éva 8lodtdvuopa yy katn devtepn dvo Stodlaviouata g,
KO Us.

= 'evikn AVon cVoTNUATOC:

V1
l)’z] = c ¥y + cpe?2¥u, + cet s,
Y3
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